Abstract. We show that for determinate measures having moments of every order and nite index of determinacy, (i.e., a polynomial p exists for which the measure jpj 2 is indeterminate) the space L 2 ( ) consists of entire functions of minimal exponential type in the Cartwright class.
In the discussion of this problem we need for 2 M the corresponding sequence of orthonormal polynomials (p n ). It is uniquely determined by the orthonormality condition and the requirement that p n is a polynomial of degree n with positive leading coe cient. The sequence of orthonormal polynomials depends only on the moments of , so if is indeterminate, i.e. there are other measures having the same moments as , all these measures lead to the same sequence (p n ).
When the measure is indeterminate, the Fourier expansion of f 2 L ( ) and uniformly on compact subsets of C to an entire function F(f)(z), which is the orthogonal projection of f onto the closure in L 2 ( ) of the set C t] of polynomials. We recall that z 7 ! (p n (z)) n is an entire function with values in the Hilbert space`2, so in particular (p (m) type. If the indeterminate measure is Nevanlinna extremal (N-extremal in short), which means that C t] is dense in L 2 ( ), then is discrete and F(f)(x) = f(x) for x 2 supp( ). This means that F(f) is an extension of f to an entire function of minimal exponential type. ( ) then q n = F(q n ) converges in H(C ) to F(f) and hence lim n!1 T(q n ) = T(F(f)). We notice that (T(p n )) 2`2, and if f 2 L for all operators T such that (T(p n )) 2`2. All these functions F turn out to be of class C 0 .
Preliminary results
As claimed in the introduction it imposes severe restrictions on a determinate measure , if L 2 ( ) consists of entire functions. Proposition 2.1. Let 
is a realization of L 2 ( ) as entire functions. Then is a discrete measure, and for each z 2 C n supp( ) there exists p 2 C t] such that p(z) 6 = E(p)(z). Proof. If the support S of is non-discrete we can choose x 0 2 S and a compact subset F S n fx 0 g having accumulation points. Let f : R ! R be a continuous function with compact support vanishing on F and such that f(x 0 ) = 1. The extension E(f) of f to an entire function must necessarily vanish identically, but this is a contradiction.
For a discrete determinate measure it is known that P jp n (z)j For an arbitrary determinate measure the index of determinacy is either in nite for every z, or nite for every z. In the latter case the index has the form (2.2), and is derived from an N-extremal measure by removing the mass at k+1 points. Such an N-extremal measure is highly non-unique by a perturbation result of Berg and Christensen, cf. 3, Theorem 8] .
Using that the index of determinacy is constant at complex numbers outside of the support of , we de ne the index of determinacy of by ind( ) := ind z ( ); z = Here (q n ) denotes the sequence of polynomials of the second kind given by
Since D vanishes on supp( ) we get The determinant of the matrix formed by these blocks is a variant of Vandermondes determinant and is non-zero. 
is a polynomial of degree ind( ), we have T(qF ) = 0 by Corollary 2.4, and the second assertion follows.
Corollary 3.3. With the notation above we have (3.5) where the series converges uniformly on compact subsets of C .
The realization E(L In Theorem 3.1, to get an extension of f 2 L 2 ( ) to an entire function, we add mass points to the measure until we reach an N-extremal measure . We next extend f by zero to a function in L 2 ( ), and use its canonical extension to an entire function. However, there is a di erent way to obtain N-extremal measures from a determinate measure having nite index of determinacy. We prove that this approach can also be used to nd entire extensions of functions in L for any discrete di erential operator T 2 D( ).
Proof. The set of functions f 2 L 2 ( ) for which (3.7) holds is a closed subspace, and therefore it su ces to prove (3.7) for f = fxg ; x 2 supp( ).
In this case f \ (t) = (1=R(x)) fxg (t), and since F = F we get The realization E(L 2 ( )) is a Hilbert space in the sense of de Branges if R is a real polynomial.
For given f 2 L 2 ( ) we shall now describe the set of all entire functions F satisfying e T(f) = T(F) for all T 2 D( ) : (3.8) 
